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1. Show that for every p < 1/2 the paths of Brownian motion are p-Hölder
continuous on every compact interval. Hint: consider E[|Bt − Bs|m] for
large m.

2. Let M = (M)t∈[0,1] be a continuous martingale. Show that there exists a
version of M which has (almost surely) only discontinuous paths.

3. Let M = (M)t∈[0,1] be a continuous martingale. Show that there exists a
version of M which has paths that are nowhere continuous.


