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Figure 3: The noncrossing partitions obtained by inserting a vertex and by slicing at

position k.

Remark. Observe that, whenever l = k, the noncrossing partitions obtained from P by

slicing and by inserting a vertex at position k are the same. Note also that the result is

not the same when k = 0 and when k = 2n. In fact, the partitions obtained by insertion

only differ by a rotation of 2π/n and the ones obtained by slicing differ by complement

and rotation of π/n.

We iteratively construct a sequence of random noncrossing partitions (Pn)n≥1 using

the following algorithm.

Algorithm 1 (Constructing a sequence of noncrossing partitions).

1. Let P1 =
{

{ω
0
1}

}

be the only partition of P1.

2. Generate Pn+1 from Pn as follows:

(a) choose an integer k uniformly at random in {0, 1, . . . , 2n};

(b) with probabilities 1/2 - 1/2, set Pn+1 to be obtained from Pn

• either by inserting a vertex at position k,
• or by slicing at position k.

Proposition 2. Let (Pn)n≥1 be constructed by Algorithm 1. Then, for each n, the partition Pn is
uniformly distributed over the set of noncrossing partitions of Pn. Moreover, seen as a lamination,
Pn almost surely converges toward the Brownian triangulation, for the Hausdorff topology.

We can play a similar game for noncrossing pair partitions (see Figure 4). Let P be

a noncrossing pair partition of P2n and let k ∈ {0, 1, . . . , 2n}. It will be more convenient


