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Figure 1: Left. The noncrossing partition
{
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of P7.

Right. The noncrossing pair partition
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of P10.

as a lamination as follows. With the block
{

ω
i1
n , ω

i2
n , . . . , ω

ik
n
}

, where i1 < i2 < . . . < ik,

we associate the polygon [ωi1
n , ω

i2
n ] ∪ [ωi2

n , ω
i3
n ] ∪ . . . ∪ [ωik

n , ω
i1
n ]. The lamination is then

defined as the union over the partition blocks of the associated polygons.

Recall that the Hausdorff distance between two closed subsets A, B ⊆ D is defined as

inf
{

ε > 0 : A ⊆ B(ε) and B ⊆ A(ε)
}

,

where, for any X ⊆ D, we denoted by X(ε) := {z ∈ D : d(z, X) ≤ ε} the ε-enlargement

of X. Endowed with the Hausdorff metric, the set of all closed subsets of D is a compact

metric space. Moreover, it is not hard to check that the set of all laminations is a closed,

thus compact, subset of this metric space.

We are interested in the limit of sequences of larger and larger noncrossing parti-

tions, seen as laminations, for the Hausdorff topology. The above setting was proposed

by Aldous [1, 2] for the study of random triangulations; it was later used by Kortchem-

ski [6], Curien & Kortchemski [3], Curien & Le Gall [4], Kortchemski & Marzouk [8, 7]

for the study of many models, including uniform noncrossing partitions and uniform

noncrossing pair partitions.

In many cases, the limiting object is a random compact set called the Brownian trian-
gulation B defined as follows. Let (et)0≤t≤1 be a normalized Brownian excursion2 and,

2A normalized Brownian excursion is a standard Brownian motion on [0, 1] starting from 0 and condi-

tioned on being at 0 at time 1 and staying positive on (0, 1). As this is a zero-probability event, some care
is needed for a proper definition: see e.g. [13, Chapter XII].


