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The previous mappings are inverse one from another. In fact, through the map-
pings of the two previous paragraphs, simple quadruples correspond to simple quadru-
ples, left-pinched quadruples correspond to left-pinched quadruples and right-pinched
quadruples correspond to right-pinched quadruples.

The proof that the previous mappings are inverse one from another can be copied
almost verbatim from [1, Proof of Theorem 3]. Alternatively, we will see in Section 5.3
that these mappings can be seen as compositions of simpler slit-slide-sew bijections; this
will provide an alternate, arguably simpler, proof.

4 Adding one corner to two faces in a bipartite map

We now fix an r-tuple a = (a1, . . . , ar) of positive even integers and we define ã :=
(a1 + 1, a2 + 1, a3, . . . , ar). We let M be the set of plane maps of type a carrying one
distinguished edge, one distinguished corner in the first face and one distinguished
corner in the second face. We let M̃ be the set of plane maps of type ã carrying one
distinguished vertex and two distinguished half-edges directed toward it, one being
incident to the first face and one being incident to the second face.
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The cardinality of M is clearly equal to the left-hand side of (1.4) and we see that the
cardinality of M̃ is equal to the right-hand side of (1.4) by using Proposition 5.(ii). The
mappings interpreting Proposition 2 are described exactly as in the previous section: see
Figure 4. The only difference is that the paths p and p

′ no longer disconnect the maps;
this bears no effects in the description of the mappings.

It is not very hard to see that the paths p and p

′ are as before (self-avoiding or
pinched); we refer the reader to the extended version.

5 Transfer bijections

5.1 Transferring from a face of degree at least two

We start with the setting of Proposition 3. We let M be the set of plane maps of type a

carrying one distinguished corner c in the first face and one distinguished half-edge h′


