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Figure 3.6: Left: ν-tree, Middle: grid for Qν Right: complement of ν-tree, ν = ENENE

1

2

3

4

5

6

1 4 3 5 2 6

Figure 3.7: Pipe dream for ν-tree, ν=ENENE

By Figure 3.6 (Middle), we obtain Qν = (s3, s2, s1, s4, s3, s2, s4, s3, s5, s4), Figure 3.6 (Right) gives us
wν = s2s3s2s4. The pipe dream in Figure 3.7 illustrates πν = [1, 4, 3, 5, 2, 6].

Definition 3.7

The ν-subword complex is the subword complex SC(Qν, wν).

Theorem 3.8: [CPS19]

The ν-subword complex SC(Qν, wν) is isomorphic to the ν-Tamari complex.

Definition 3.9: Boundary and Interior of ν-Tamari Complex [CPS19]

A co-dimension 1 face A of the ν-Tamari complex1 is in the boundary if it is contained in only one
facet. A general face B is in the boundary if it is contained in some A of co-dimension 1, which is
in the boundary. An interior face is a face that is not in the boundary.

3.3 The ν-associahedron

The Hasse diagram of the ν-Tamari lattice can be geometrically realized as the edge graph of a
polytopal complex called the ν-associahedron [CPS19]. The construction in [CPS19] uses techni-
ques from tropical geometry. The goal of this thesis is to give new realizations in terms of brick
polyhedra. The following is a purely combinatorial definition.

Definition 3.10: ν-Associahedron [CPS19]

The ν-associahedron is a polytopal complex induced by an arrangement of tropical hyperplanes,
whose poset of faces (ordered by containment) is anti-isomorphic to the poset of interior faces of
the ν-Tamari complex.

The interior faces of the ν-Tamari complex can be characterized as follows.

1) The co-dimension of A is given by the maximal dimension minus the dimension of A.
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