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ν-Tamari lattice Rotation lattice of ν-trees

Figure 3.2: Example ν=EENEEN.

rotation if T′ can be obtained from T by exchanging q ∈ T with q′ ∈ T′ in as in Figure 3.4 with
p, r ∈ T, T′.

Figure 3.3: Left: ν = EENEEN, Right: ν-tree.
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Figure 3.4: Right rotation.

The inverse is called a left rotation. Clearly the rotation of a ν-tree is also a ν-tree. The rotation
poset of ν-trees is the partial order on the set of ν-trees, which is defined by the cover relation
T < T′ if T′ can be obtained by a right rotation of T. Moreover, the rotation poset of ν-trees is a
lattice, and the rotation poset of ν-trees is connected. All ν-trees have the same number of nodes,
which is the number of lattice points on ν. Two ν-trees differ by a single element if and only if
they are related by a rotation. More remarkable, the following holds, see example in Figure 3.30:

Theorem 3.1: [CPS19]

The ν-Tamari lattice is isomorphic to the rotation poset of ν-trees.

We present a bijection from [CPS20], which induces an isomorphism between the rotation lattice
of ν-trees and the ν-Tamari lattice. We give a short description of the right flush R, which con-
structs a ν-tree from a ν-path µ: Start with labeling all points in the ν-path µ in order they appear
along the path. Now we are constructing the ν-tree from the bottom to the top. The vertices in a
row are placed as rightmost as possible on the same row of the path in assigned order. But we
avoid the x-coordinates that are forbidden by previous flushed rows. We disallow here the coor-
dinates by all flushed points in a row, excepting the last one (leftmost). The obtained points give
us the ν-tree. The Left flush L will work symmetrically, see [CPS20]. This bijection is visualized
in Figure 3.5. The maps and R, L are well defined, and bijective inverse to each other. Moreover,
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